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แบบฝกหดัที่ 1 
1. จงพิจารณาฟงกชัน f (x) x 3= +  ขณะที่ x  เขาใกล 2  โดยเติมคา f (x)  ลงในตาราง 

x 2<  x 2>   
x f(x) x f(x)  

1.5  2.5   
x 2
lim f (x)

−→
 = …….………………. 

1.9  2.1   
x 2
lim f (x)

+→
 = …….………………. 

1.95  2.05   
x 2
lim f (x)
→

 = …….………………. 
1.99  2.01   
1.995  2.005   
1.999  2.001   

 
2. จงพิจารณาฟงกชัน f (x) 2x 1= −  ขณะที่ x  เขาใกล 3  โดยเติมคา f (x)  ลงในตาราง 

x 3<  x 3>   
x f(x) x f(x)  

2.5  3.5   
x 3
lim f (x)

−→
 = …….………………. 

2.9  3.1   
x 3
lim f (x)

+→
 = …….………………. 

2.95  3.05   
x 3
lim f (x)
→

 = …….………………. 
2.99  3.01    
2.995  3.005   
2.999  3.001   

 
3. จงพิจารณาฟงกชัน f (x) 3x=  ขณะที่ x  เขาใกล 0  โดยเติมคา f (x)  ลงในตาราง 

x 0<  x 0>   
x f(x) x f(x)  
-1  1   

x 0
lim f (x)

−→
 = …….………………. 

-0.5  0.5   
x 0
lim f (x)

+→
 = …….………………. 

-0.1  0.1   
x 0
lim f (x)
→

 = …….………………. 
-0.01  0.01    
-0.001  0.001   
-0.0001  0.0001   
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แบบฝกหดัที่ 2 
จากกราฟในแตละขอ จงหาคาตาง ๆ ตามที่กําหนด 
1.  
 
 
 
 
 1.1 f (a)  = …………………. 1.2 

x a
lim f (x)

−→
 = …………………… 

 1.3 
x a
lim f (x)

+→
 = …………………. 1.4 

x a
lim f (x)
→

 = …………………… 
 
2.  
 
 
 
 
 2.1 f (a)  = …………………. 2.2 

x a
lim f (x)

−→
 = …………………… 

 2.3 
x a
lim f (x)

+→
 = …………………. 2.4 

x a
lim f (x)
→

 = …………………… 
 
3.  
 
 
 
 
 3.1 f (a)  = …………………. 3.2 

x a
lim f (x)

−→
 = …………………… 

 3.3 
x a
lim f (x)

+→
 = …………………. 3.4 

x a
lim f (x)
→

 = …………………… 
 
4.  
 
 
 
 
 4.1 f (a)  = …………………. 4.2 

x a
lim f (x)

−→
 = …………………… 

 4.3 
x a
lim f (x)

+→
 = …………………. 4.4 

x a
lim f (x)
→

 = …………………… 
 

0 a

L
y f (x)=

Y

X

0 a

1L
y f (x)=

Y

X

2L

0 a

L
y f (x)=

Y

X

0 a

y f (x)=Y

X

1L
2L
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5.  
 
 
 
 
 5.1 f (2)  = …………………. 5.2 

x 2
lim f (x)

−→
 = …………………… 

 5.3 
x 2
lim f (x)

+→
 = …………………. 5.4 

x 2
lim f (x)
→

 = …………………… 
 
6.  
 
 
 
 
 6.1 f (3)  = …………………. 6.2 

x 3
lim f (x)

−→
 = …………………… 

 6.3 
x 3
lim f (x)

+→
 = …………………. 6.4 

x 3
lim f (x)
→

 = …………………… 
 
7.  
 
 
 
 
 7.1 f (0)  = …………………. 7.2 

x 0
lim f (x)

−→
 = …………………… 

 7.3 
x 0
lim f (x)

+→
 = …………………. 7.4 

x 0
lim f (x)
→

 = …………………… 
 
8.  
 
 
 
 
 8.1 f (0)  = …………………. 8.2 

x 0
lim f (x)

−→
 = …………………… 

 8.3 
x 0
lim f (x)

+→
 = …………………. 8.4 

x 0
lim f (x)
→

 = …………………… 
 
 
 

0 2

y f (x)=

Y

X

5

2

0 3

y f (x)=

Y

X

1

1−

0 2

y f (x)=

Y

X

2

2−

0

y f (x)=
Y

X
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9.  
 
 
 
 
 9.1 f (0)  = …………………. 9.2 

x 0
lim f (x)

−→
 = …………………… 

 9.3 
x 0
lim f (x)

+→
 = …………………. 9.4 

x 0
lim f (x)
→

 = …………………… 
 
10.  
 
 
 
 
 10.1 f ( )π  = …………………. 10.2 

x
lim f (x)

−→π
 = …………………… 

 10.3 
x
lim f (x)

+→π
 = …………………. 10.4 

x
lim f (x)
→π

 = …………………… 
 
11.  
 
 
 
 
 11.1 f ( 2)−  = …………………. 11.2 

x 2
lim f (x)

−→−
 = …………………… 

 11.3 
x 2
lim f (x)

+→−
 = …………………. 11.4 

x 2
lim f (x)
→−

 = …………………… 
 11.5 f (3)  = …………………. 11.6 

x 3
lim f (x)

−→
 = …………………… 

 11.7 
x 3
lim f (x)

+→
 = …………………. 11.8 

x 3
lim f (x)
→

 = …………………… 
 
12.  
 
 
 
 
 12.1 f (3)  = …………………. 12.2 

x 3
lim f (x)

−→
 = …………………… 

 12.3 
x 3
lim f (x)

+→
 = …………………. 12.4 

x 3
lim f (x)
→

 = …………………… 
 

0

y f (x)=

Y

X−π2− π π 2π

1

0

Y

Xπ 2π

1

3π

0

Y

X
32−

2
4

0

Y

X
3



[5] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

13.  
 
 
 
 
 13.1 f (4)  = …………………. 13.2 

x 4
lim f (x)

−→
 = …………………… 

 13.3 
x 4
lim f (x)

+→
 = …………………. 13.4 

x 4
lim f (x)
→

 = …………………… 
 
14.  
 
 
 
 
 14.1 f (2)  = …………………. 14.2 

x 2
lim f (x)

−→
 = …………………… 

 14.3 
x 2
lim f (x)

+→
 = …………………. 14.4 

x 2
lim f (x)
→

 = …………………… 
 
15.  
 
 
 
 
 15.1 f (4)  = …………………. 15.2 

x 4
lim f (x)

−→
 = …………………… 

 15.3 
x 4
lim f (x)

+→
 = …………………. 15.4 

x 4
lim f (x)
→

 = …………………… 
 
16.  
 
 
 
 
 16.1 f (3)  = …………………. 16.2 

x 3
lim f (x)

−→
 = …………………… 

 16.3 
x 3
lim f (x)

+→
 = …………………. 16.4 

x 3
limf (x)
→

 = …………………… 
 16.5 f (7)  = …………………. 16.6 

x 7
lim f (x)

−→
 = …………………… 

 16.7 
x 7
lim f (x)

+→
 = …………………. 16.8 

x 7
lim f (x)
→

 = …………………… 
 

0

Y

X
4

1

0

Y

X2

0

Y

X4
1

0

Y

X3
2

7
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17.  
 
 
 
 
 จากกราฟ 

x a
lim f (x)
→

 จะหาคาไมได 
 เม่ือ a = ……………………………………………………………………………………. 
 
18.  
 
 
 
 
 จากกราฟ 

x a
lim f (x)
→

 จะหาคาได 
 เม่ือ a มีคาอยางไร ………………………………………………………………………………. 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

0

Y

X
5− 2− 2

0

Y

X
2

2

4
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แบบฝกหดัที่ 3 
1. จงหาคาของลิมิตในแตละขอตอไปนี ้
 1.1 2

x 3

1lim x x 2
3→

⎛ ⎞− +⎜ ⎟
⎝ ⎠

 1.2 
2

x 3

x 9x 8lim
x 8→

+ +
+

 

  ..........................................................  ......................................................... 
 1.3 

x 4

1lim 5
x 4→

⎛ ⎞−⎜ ⎟+⎝ ⎠
 1.4 3x 0

6x 9lim
x 12x 3→

−
− +

 

  ..........................................................  ......................................................... 
 1.5 

2

3x 0

5x 4x 2lim
x 4x 6→

+ +
+ −

 1.6 
x 2

(x 1)(x 2)lim
x 1−→

− −
+

 
  ..........................................................  ......................................................... 
 1.7 4 3

x 0
lim (x 12x 17x 2)

−→
+ − +  1.8 3

x 5
lim x 3x 1
→

− −  
  ..........................................................  ......................................................... 
 1.9 2

x 4
lim x x 5
→

+ +  1.10 
x 8
lim x 4
→

+  
  ..........................................................  ......................................................... 
 1.11 

x 4
lim x 4
→

−  1.12 
x 3
lim x 3
→−

+  
  ..........................................................  ......................................................... 
 1.13 

x 0

7lim
x→

 1.14 
3

x 1

xlim
x 1→ −

 
  ..........................................................  ......................................................... 
 1.15 2x 3

2x 1lim
x 9→

+
−

 1.16 
x 2
lim x 2
→−

+  
  ..........................................................  ......................................................... 
 1.17 3 2

x 2
lim x 2x
→

−  1.18 
2x 2

x 3lim
x 3x→

+
+

 

  ..........................................................  ......................................................... 
 1.19 

x x

x xx 0

5 5lim
5 5

−

−→

−
+

 1.20 
2

2 3
1x
2

lim (4x 4x 9)
→−

+ +  

  ..........................................................  ......................................................... 

 1.21 
3

5x 0
4 2

4xlim
(1 x )

→
+

 1.22 
2
3

x 8

x 3 xlim 164
x

→

+

−
 

  ..........................................................  ......................................................... 
 1.23 

2
2

2x 3

xlim 9 x
x 1→

⎛ ⎞
+ −⎜ ⎟+⎝ ⎠

 1.24 
2

x 2

x 5x 6lim
x 2→

+ +
+

 

  ..........................................................  ......................................................... 
 1.25 

2

x 5

x 25lim
x 5→

−
+

 1.26 21x
2

x 4lim
2x 7x 4→

−
− −

 

  ..........................................................  ......................................................... 



[8] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

 1.27 
2

2x 1

x 3x 2lim
x 4x 3→

+ +
+ +

 1.28 
3

x 2

x 8lim
x 2→

+
+

 
  ..........................................................  ......................................................... 
 1.29 2x 1

x 1lim
x 2x 3→

−
+ −

 1.30 
3 2

3 2x 3

2x 5x 2x 3lim
4x 13x 4x 9→

− − −
− + −

 
  ..........................................................  ......................................................... 
 
2. จงหาคาของลิมิตตาง ๆ แลวเติมลงในชองวาง เม่ือกําหนด f(x) และ a ใหดังในแตละขอ 

ขอ f(x) a x a
lim f (x)

−→
 

x a
lim f (x)

+→
 

x a
lim f (x)
→

 

1 3 x , x 0
f (x)

3x 2 , x 0
− <⎧

= ⎨ + ≥⎩
 0 

   

2 x 1 , x 3
f (x)

3x 7 , x 3
− ≤⎧

= ⎨ − >⎩
 3 

   

3 2x 1 , x 2
f (x)

1 , x 2
+ ≠⎧

= ⎨ =⎩
 2 

   

4 3x , x 2
f (x)

2x 2 , x 2
<⎧

= ⎨ + ≥⎩
 2 

   

5 2x 3 , x 3f (x)
2x 3 , x 3

⎧ + ≤⎪= ⎨
− >⎪⎩

 3 
   

6 
0 , x 2

f (x)
x 2 , x 2

≤ −⎧⎪= ⎨
+ > −⎪⎩

 -2 
   

7 x 2 , x 2f (x)
0 , x 2

⎧ + ≤ −⎪= ⎨
> −⎪⎩

 -2 
   

8 
2

x 5 , x 3
f (x)

9 x , 3 x 3

+ < −⎧⎪= ⎨
− − ≤ ≤⎪⎩

 -3 
   

9 x 1
f (x)

x 1
−

=
−

 1    

10 f (x) x x=  0    
 

3. กําหนดฟงกชัน f ซึ่งนิยามดังนี้ 
2x 1 , x 0

f (x) 1 x 1 , x 0
2

⎧ + ≤
⎪= ⎨

+ >⎪⎩

  จงหา 

 3.1 
x 2
lim f (x)
→

 3.2 
x 0
lim f (x)
→

 3.3 
x 1
lim f (x)
→

 
  ………………………..  ………………………..  …………………...…. 
  ………………………..  ………………………..  …………………...…. 
  ………………………..  ………………………..  …………………...…. 
  ………………………..  ………………………..  …………………...…. 
  ………………………..  ………………………..  …………………...…. 
  ………………………..  ………………………..  …………………...…. 
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แบบฝกหดัที่ 4 
1. จงหาคาของ 
 1.1 

2

x 5

x 25lim
x 5→

−
+

 1.2 
2

x 5

x 25lim
x 5→

−
−

 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.3 2x 5

x 5lim
x 25→

−
−

 1.4 
2

x 1

x x 2lim
x 1→

+ −
−

 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.5 

2

2x 2

x x 6lim
x 4→

+ −
−

 1.6 
2

2x 2

x 4x 4lim
x x 6→

− +
+ −

 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.7 

2

2x 1

x 6x 5lim
x 3x 4→−

+ +
− −

 1.8 
2

x 0

x 2xlim
x→

−  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.9 

3

x 2

x 8lim
x 2→−

+
+

 1.10 
4

x 1

x 1lim
x 1+→

−
−

 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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 1.11 
x 1

1 xlim
1 x→

−
−

 1.12 
2

y 4

16 ylim
2 y→

−
−

 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.13 

t 9

t 9lim
t 3→

−
−

 1.14 
2

3x 2

x 4lim
x 8→

−
−

 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.15 

3 3

h 0

(x h) xlim
h→

+ −  1.16 
3 2

3t 1

t t 5t 3lim
t 3t 2→

+ − +
− +

 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 

 1.17 
2x 2

x 2lim
x 4→

−

−
 1.18 

3

2x 2

x 8lim
x 4→

−
−

 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 

 1.19 
2

2y 2

y 4lim
y 3y 2→

−
− +

 1.20 2h 1

(2h 3)( h 1)lim
2h h 3→

− −
+ −

 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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2. จงหาคาของ 
 2.1 

x 0

x 4 2lim
x→

+ −  2.2 
x 0

x 3 3lim
x→

+ −  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 2.3 

2x 1

x 1lim
x 3 2→

−

+ −
 2.4 

2

2x 2

4 xlim
3 x 5→

−

− +
 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 2.5 

2x 0

xlim
9 x x 3→ − + −

 2.6 
2

2x 2

9 xlim
3 2x x→

−

+ −
 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 

 2.7 
x 0

xlim
4 x 2

+→ + −
 2.8 

2

x 3 2

x 9lim
12 x 3→

−

− −
 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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แบบฝกหดัที่ 5 
จงหาคาของ 
1. 6

x 1
lim (x 12x 1)
→−

− +  2. 10

x 2
lim x
→−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
3. 

2

x 3

2x 7x 3lim
x 3→

− +
−

 4. 2y 6

y 6lim
y 36→

+
−

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 

5. 2x 2

xlim
x 4→ −

 6. 
2

x 3

x 4lim
3x→−

+  
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
7. 

h 0

1 1lim 1
h 1 h→

⎡ ⎤−⎢ ⎥+⎣ ⎦
 8. 

x 3

1 x 2lim
x 3→

− −
−

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 

9. 
2

x 0

x 4 2lim
x→

+ −  10. 
3

x 1

x 1lim
x 1→

−
−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 



[13] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

11. 
x 0

5x 9 3lim
x→

+ −  12. 
3

x 1

x 1lim
x 1→

−
−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 

13. x 1 , x 3
f (x)

3x 7 , x 3
− ≤⎧

= ⎨ − >⎩
 14. 

2x , x 0
f (x)

x 2 , x 0
⎧ ≥

= ⎨
− <⎩

 

 จงหา 
x 3
limf (x)
→

  จงหา 
x 0
limf (x)
→

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
15. 

2

x 2

x 3xlim
x 3→

−
+

 16. 2x 0

x 3lim
x 3x→

+
+

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
17. 2x 2

x 2lim
x 4→

−
−

 18. 2x 2

x 2lim
x 4+→

−
−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 

19. 
2 2

h 0

[(x h) 1] (x 1)lim
h→

+ + − +  20. 
2
3

x 8
lim(x 2x)
→

+  
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
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แบบฝกหดัที่ 6 
1. จงพิจารณาวากราฟของฟงกชันที่กําหนดใหตอไปนี้เปนฟงกชันตอเนื่อง ณ จุดที่กําหนดใหหรือไม 
 1.1  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 1.2  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
 1.3  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
 1.4  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
 1.5  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
 1.6  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 

0 a

L

Y

X

0 a

1L

Y

X

2L

0 a

L

Y

X

0 a

Y

X

1L
2L

0 2

Y

X

5

2

0 3

Y

X

1

1−
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 1.7  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
 1.8  
 
   ก. ที่ x a=  กราฟตอเนื่องหรือไม................ 
   ข. ขาดสมบัติขอ.......................................... 
 
 
2. จงพิจารณาวาฟงกชันที่กําหนดใหตอไปนี้เปนฟงกชันตอเนื่อง ณ จุดที่กําหนดใหหรือไม 
 2.1 2f (x) 3x 5= −  เม่ือ x 0=  2.2 2

x 3f (x)
x 9
−

=
−

 เม่ือ x 3=  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 2.3 f (x) x=  เม่ือ x 0=  2.4 x 2

f (x)
x 2
+

=
+

 เม่ือ x 2= −  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 

 2.5 x 1 , x 3
f (x)

3x 7 , x 3
− ≤⎧

= ⎨ − >⎩
 เม่ือ x 3=  

  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 

0 2

Y

X

2

2−

0

Y

X



[16] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

 2.6 3 x , x 0
f (x)

3x 2 , x 0
− <⎧

= ⎨ + ≥⎩
 เม่ือ x 0=  

  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 

 2.7 
2x 4 , x 2f (x) x 2

1 , x 2

⎧ −
≠ −⎪= +⎨

⎪ =⎩

 เม่ือ x 2= −  

  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 

 2.8 
2x 3 , x 4

f (x) 167 , x 4
x

+ ≤⎧
⎪= ⎨

+ >⎪⎩

 เม่ือ x 4=  

  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
  ………………………………………………………………………………………………… 
 
3. จงหาจุดที่ทําใหฟงกชันไมตอเนื่อง เม่ือกําหนดฟงกชันดังแตละขอ 
 3.1 2

xf (x)
x 1

=
−

 …………………………………………………………………….. 

 3.2 2

x 4f (x)
x 16

−
=

−
 …………………………………………………………………….. 

 3.3 xf (x)
x 3

=
−

 …………………………………………………………………….. 

 3.4 5 2xf (x)
x x 4

= +
+

 …………………………………………………………………….. 

 3.5 
2

x 3f (x)
x 3x

+
=

+
 …………………………………………………………………….. 
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4. จงหาคาของ k  ที่ทําใหฟงกชันตอเนื่อง 

 4.1 2

7x 2 , x 1
f (x)

kx , x 1
− ≤⎧

= ⎨
>⎩

 4.2 
2kx , x 2

f (x)
2x k , x 2
⎧ ≤

= ⎨
+ >⎩

 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 

5. กําหนด 
2x , x 1

f (x)
Ax 5 , x 1
⎧ <

= ⎨
+ ≥⎩  

 จงหาคา A  ที่ทําให f  ตอเนื่องที่ x 1=   

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 7 
1. กําหนดให y 2x 3= +  จงหาอัตราการเปลี่ยนแปลงเฉลี่ยของ y  เทียบกับ x  
 1.1 เม่ือ x  เปลี่ยนจาก 1 ไปเปน 5  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 เม่ือ x  เปลี่ยนจาก 4  ไปเปน 2  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
2. กําหนดให 2y 2x 3x 5= − +  จงหาอัตราการเปลี่ยนแปลงเฉลี่ยของ y  เทียบกับ x  
 2.1 เม่ือ x  เปลี่ยนจาก 1 ไปเปน 3  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.2 เม่ือ x  เปลี่ยนจาก 2  ไปเปน 1 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
3. กําหนดให 1y

x
=  จงหาอัตราการเปลี่ยนแปลงเฉลี่ยของ y  เทียบกับ x  

 3.1 เม่ือ x  เปลี่ยนจาก 5  ไปเปน 8  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 3.2 เม่ือ x  เปลี่ยนจาก 2  ไปเปน 2−  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
4. กําหนดให y x 2= +  จงหาอัตราการเปลี่ยนแปลงเฉลี่ยของ y  เทียบกับ x   
 เม่ือ x  เปลี่ยนไปเปน x h+  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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5. กําหนดให 2y 2x 3= −  จงหาอัตราการเปลี่ยนแปลงของ y  เทียบกับ x  
 5.1 ขณะ x 3=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 5.2 ขณะ x 1= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 5.3 ขณะ x a, a=  เปนคาคงตัว 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
6. กําหนดให 1y

x 1
=

−
 จงหาอัตราการเปลี่ยนแปลงของ y  เทียบกับ x  

 6.1 ขณะ x 5=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 6.2 ขณะ x 7=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 6.3 ขณะ x  มีคาใด ๆ  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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7. กําหนดให 
2x , x 0

y
2x 1 , x 0
⎧ >

= ⎨
− ≤⎩

 จงหาอัตราการเปลี่ยนแปลงของ y  เทียบกับ x  

 7.1 ขณะ x 3=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 7.2 ขณะ x 1= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
8. กําหนดให y x 1= +  จงหาอัตราการเปลี่ยนแปลงของ y  เทียบกับ x  
 8.1 ขณะ x 0=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 8.2 ขณะ x 2= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
9. กําหนดพื้นที่รูปสี่เหลี่ยมจัตุรัส (A)  มีความยาวดาน x  เมตร จงคํานวณหา 
 9.1 อัตราการเปลีย่นแปลงเฉลี่ยของพื้นที่รูปสี่เหลี่ยมจัตุรัสเทียบกับความยาวของดาน  
  เม่ือความยาวของดานเปลี่ยนจาก 5  เมตร ไปเปน 8  เมตร 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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 9.2 อัตราการเปลีย่นแปลงเฉลี่ยของพื้นที่รูปสี่เหลี่ยมจัตุรัสเทียบกับความยาวของดาน  
  เม่ือความยาวของดานเปลี่ยนจาก 6  เมตร ไปเปน 3  เมตร 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 9.3 อัตราการเปลีย่นแปลงของพื้นที่รูปสี่เหลี่ยมจัตุรัสเทียบกับความยาวของดาน ขณะที่ดานยาว 
  ยาว x  เมตร 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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  ....................................................................................................................................... 
  ....................................................................................................................................... 
 9.4 อัตราการเปลีย่นแปลงของพื้นที่รูปสี่เหลี่ยมจัตุรัสเทียบกับความยาวของดาน  
  ขณะที่ x 12=  เมตร 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
10. จงหาอัตราการเปลี่ยนแปลงของปริมาตรของทรงกลมเทียบกับรัศมี 
 10.1 เม่ือรัศมียาว 7  เมตร  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 10.2 เม่ือรัศมีเปนจํานวนใด ๆ  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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11. จงหาอัตราการเปลี่ยนแปลงของปริมาตรของทรงกระบอก 
 11.1 เทียบกับความสูงของทรงกระบอก เม่ือรัศมีคงตัว 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 11.2 เทียบกับรัศมีของทรงกระบอก เม่ือความสูงคงตัว  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
12. ปริมาณของสาร N  กรัม ในน้ํายาเปลี่ยนไปตามเวลา t  ตามสมการ 8N

t 1
=

+
 เม่ือ t  มีหนวย 

 เปนนาที จงหาอัตราการเปลี่ยนแปลงของ N  เทียบกับ t  ขณะ t 5=  นาที 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
13. ประจุไฟฟาสองประจุอยูหางกัน x  หนวย แรงผลัก F  เปนไปตามสมการ 2

kF
x

=  เม่ือ k  เปน 
 คาคงตัวที่มากกวาศูนย จงหาอัตราการเปลี่ยนแปลงของ F  เทียบกับ x  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
14. วัตถุช้ินหนึ่งเคลื่อนที่ในแนวเสนตรงเปนระยะทาง S  เมตร ในเวลา t  วินาที ซึ่ง 3S t 3t= −   
 วัตถุนั้นจะมีความเร็วขณะที่ t 5=  วินาที เทากับกี่เมตรตอวินาท ี
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 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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 ................................................................................................................................................... 
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15. อนุภาคหนึ่งมีความเร็ว 2v 2t 5t 2= + −  จงหาความเรงของอนุภาคนี้ เม่ือเวลา t 2=  วินาที
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 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 8 
จงหาอนุพันธของฟงกชันตอไปนื้ (โดยใชบทนิยาม) 
1. f (x) 3=   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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2. f (x) x=   
 ................................................................................................................................................... 
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 ................................................................................................................................................... 
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 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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4. 2f (x) x=   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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5. 2f (x) x 2x 4= + −   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
6. 1f (x)

x
=   

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
7. x 1f (x)

x 1
−

=
+

  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. f (x) sin x=  และกําหนด 

x 0

sin xlim 1
x→

=   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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9. f (x) cos x=   
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แบบฝกหดัที่ 9 
1. จงหาคาตอไปนี้ 
 1.1 d (3)

dx
 1.2 d (0)

dx
 

  ..........................................................  ......................................................... 
 1.3 d (3x)

dx
 1.4 d ( 5x)

dx
−  

  ..........................................................  ......................................................... 
 1.5 d (3x 2)

dx
−  1.6 d (5x 1)

dx
−  

  ..........................................................  ......................................................... 
 1.7 2d (x )

dx
 1.8 5d (3x )

dx
 

  ..........................................................  ......................................................... 
 1.9 3 2d (x 2x 5x 4)

dx
+ − +  1.10 

1
2d (x )

dx
 

  ..........................................................  ......................................................... 
 1.11 

1
3d [(2x 1) ]

dx
−  1.12 2d ( x 1)

dx
−  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.13 d [(x 1)(x 2)]

dx
− +  1.14 d x 1

dx x 1
−⎛ ⎞

⎜ ⎟+⎝ ⎠
 

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
2. จงหาอนุพันธของฟงกชันในแตละขอตอไปนี ้
 2.1 3y 10x 5x= +  
  ....................................................................................................................................... 
 2.2 4y 6 5x 3x= − +  
  ....................................................................................................................................... 
 2.3 

2 5x xy
4 10

= +  
  ....................................................................................................................................... 

 2.4 
3 1
4 4y 2x 4x

−
= +  

  ....................................................................................................................................... 
 2.5 3y x x= +  
  ....................................................................................................................................... 



[27] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

 2.6 
1 2
3 3y (2x) (2x)= +  

  ....................................................................................................................................... 
 2.7 2 3y (2 3x )= −  
  ....................................................................................................................................... 
 2.8 2 3y (4 x )= −  
  ....................................................................................................................................... 
 2.9 2y 9 4x= −  
  ....................................................................................................................................... 
 2.10 y x 5 3x= −  
  ....................................................................................................................................... 
 2.11 2y x 8 x= +  
  ....................................................................................................................................... 
 2.12 2y x 3 4x= −  
  ....................................................................................................................................... 
 2.13 x 1y

2x 1
+

=
−

 
  ....................................................................................................................................... 
 2.14 2

x 1y
(x 1)

+
=

−
 

  ....................................................................................................................................... 
 2.15 

2

1y
9 x

=
+

 

  ....................................................................................................................................... 
 2.16 16 5xy

x
+

=  
  ....................................................................................................................................... 
 2.17 5 2xy

2x 1
−

=
+

 
  ....................................................................................................................................... 
 2.18 3

2 3xy
2 3x
+

=
−

 
  ....................................................................................................................................... 

 2.19 
2x 5y

10 x
−

=
−

 
  ....................................................................................................................................... 
 2.20 1 cxy ; c

1 cx
−

=
+

 เปนคาคงตัว 
  ....................................................................................................................................... 
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 2.21 
2 2

2 2

a xy ; a
a x

−
=

+
 เปนคาคงตัว 

  ....................................................................................................................................... 
3. จงหาอนุพันธของฟงกชันตอไปนี้ที่จุดที่กําหนดให 
 3.1 3 2f (x) 3x 2x 5x 4= + − +   ที่ x 0=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 3.2 5 21 1f (x) x x 6

5 4
= + +   ที่ x 1=  

  ....................................................................................................................................... 
  ....................................................................................................................................... 
 3.3 2 2f (x) (2x 3x 1)(x x )= − + −   ที่ x 2=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 3.4 2x 1f (x)

x 1
+

=
−

  ที่ x 6=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 3.5 f (x) 2x 1= +   ที่ x 4=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
4. วัตถุช้ินหนึ่งเคลื่อนที่ตามสมการ 3 2S 2t 3t 5= + −  เม่ือ S  เปนระยะทางที่มีหนวยเปนเมตร  
 t  เปนเวลามีหนวยเปนวินาที จงหาความเร็วของวัตถุนี้ขณะ t 5=  วินาที 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 10 
จงหาคาของ 
1. 

2

x 5

x 25lim
x 5→

−
−

 2. 
2

x 1

x x 2lim
x 1→

+ −
−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
3. 

2

2x 2

x 4x 4lim
x x 6→

− +
+ −

 4. 
2

2x 1

x 6x 5lim
x 3x 4→−

+ +
− −

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
5. 

3

x 2

x 8lim
x 2→−

+
+

 6. 
4

x 1

x 1lim
x 1+→

−
−

 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
7. 

x 1

1 xlim
1 x→

−
−

 8. 
2

y 4

16 ylim
2 y→

−
−

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
9. 

x 9

t 9lim
t 3→

−
−

 10. 
2

3x 2

x 4lim
x 8→

−
−

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
11. 

3 3

h 0

(x h) xlim
h→

+ −  12. 
3

3t 1

t t2 5t 3lim
t 3t 2→

+ − +
− +
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 ..........................................................  .............................................................. 
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13. 
2x 2

x 2lim
x 4→

−

−
 14. 

3

2x 2

x 8lim
x 4→

−
−

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 

15. 
2

2y 2

y 4lim
y 3y 2→

−
− +

 16. 2h 1

(2h 3)( h 1)lim
2h h 3→

− −
+ −

 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
17. 

x 0

x 4 2lim
x→

+ −  18. 
x 0

x 3 3lim
x→

+ −  
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
19. 

2x 1

x 1lim
x 3 1→

−

+ −
 20. 

2

2x 2

4 xlim
3 x 5→

−

− +
 

 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
 ..........................................................  .............................................................. 
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แบบฝกหดัที่ 11 
1. จงหาความชันของเสนโคง ณ จุดที่กําหนดให พรอมทั้งหาสมการของเสนสัมผัสโคง ณ จุดนั้น 
 1.1 y 3x 2= −  เม่ือจุดสัมผัสคือ (0, 2)−  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 2y x 3= +  เม่ือจุดสัมผัสคือ ( 1, 4)−  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.3 2y 5 4x x= + −  เม่ือ x 2=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.4 2y

x 1
=

+
 เม่ือ x 1=  

  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.5 x 2y

x 3
−

=
+

 เม่ือ x 3=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
2. จงหาจุดสัมผัสโคง 2y 2x x= −  ที่ทําใหเสนโคงมีความชันเทากับ 4  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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3. จงหาจุดสัมผัสโคง 2y x 3x 2= + −  ที่ทําใหเสนโคงมีความชันเทากับ 1 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
4. จงหาสมการเสนสัมผัสโคง 2y x 3x= +  ที่ทําขนานกบัเสนตรง x y 4 0+ − =  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
5. จงหาสมการเสนตรงที่ขนานกับเสนสัมผัสโคง 2y x x 3= + −  ที่จุด (0, 2)  และผานจุด ( 1,1)−  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
6. จงหาสมการเสนตรงที่ตั้งฉากกับเสนสัมผัสโคง 2y 3x x= +  ที่จุด (1, 4)   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
7. จงหาสมการเสนตรงที่ตั้งฉากกับเสนสัมผัสโคง 3y 4x 2x= −  เม่ือ x 0=   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. ถาเสนตรง y ax=  ขนานกับเสนสมัผัสโคง 2y 3x 5= −  ที่จุด (1, 2)−  จงหาคา a  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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9. ถาเสนตรง y ax b= +  ขนานกับเสนสมัผัสโคง 2y 3x 8= +  ที่จุด (0, 8)  จงหาคา a  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
10. ถา 0 0(x , y )  เปนจุดบนเสนโคง 2y x 1= +  และเสนสัมผัสที่จุด 0 0(x , y )  นี้ขนานกบัเสนตรง  
 y 6x 8= +  จงหาคา 0 0x y+  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
11. กําหนดให L  เปนเสนตรงซึ่งมีความชันเทากับ 2  และสัมผัสเสนโคง 2y x 2= +  ถา (a, b)  เปน 
 จุดบนเสนตรง L  ที่อยูใกลจุดกําเนิดมากที่สุด แลว a b+  มีคาเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
12. จงหาจํานวนจริง a, b  และ c  ที่ทําใหเสนโคง 2y ax bx c= + +  ผานจุด (1, 1)  และเสนสัมผัส 
 เสนโคงนี้ที่จุด (2,1)  จะตั้งฉากกับเสนตรง x 2y 1 0+ − =  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 12 
จงหาอนุพันธในแตละขอตอไปนี ้
1. 2y (2x 1)= −  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 

2. 
1
3y (2 3x)= −  

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
3. 2 3y (4 x )= −  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 

4. 
1

2 2y (5 x )= −  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
5. 2y x 1= −  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
6. 2y 9 4x= −  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
7. 2

1y
(x 2)

= −
+

 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. 2 2

1y
(x 3x)

=
−

 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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9. 
2

1y
9 x

=
+

 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
10. 2y 9 4x= −   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
11. 3

2 3xy
x 3x
+

=
−

 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 

12. 
2

2

x 5y
10 x

−
=

−
 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
13. 1 cxy

1 cx
−

=
+

 เม่ือ c  เปนคาคงตัว 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 

14. 
2 2

2 2

a xy
a x

−
=

+
 เม่ือ a  เปนคาคงตัว 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 13 
1. จงหาอนุพันธอันดับที่ 2  ของฟงกชันตอไปนี้ 
 1.1 3 2f (x) 3x 2x 6= − +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 1f (x) x

x
= +   

  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.3 2f (x) 3x 2x x= + −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.4 2f (x)

x 1
=

−
  

  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.5 2 4f (x) (3 x )= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.6 f (x) 1 2x= +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.7 f (x) x 3x 2= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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2. กําหนดให 2y x (x 1)= −  จงหา 
2

2

d y
dx

  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
3. กําหนดให 3 2y (x 2x)= −  จงหา 

3

3

d y
dx

  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
4. กําหนดให f (x) 3x 2= +  จงหา f (x)′′   
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
5. จงหา y′  และ y′′  เม่ือกําหนดคาตัวแปรใหในแตละขอ 
 5.1 y 8 2x= +  เม่ือ x 1=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 5.2 3y (2 x)= +  เม่ือ x 0=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 5.3 1 xy

3 x
−

=
+

  เม่ือ x 0=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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6. กําหนด 2f (x) ax bx c= + +  เม่ือ f (1) 0′ =  และ f (0) 4′′ =  จงหา f (1)′  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
7. กําหนด 3 2f (x) x ax bx= + +  เม่ือ a, b  เปนจํานวนจริง ถา f ( 1) 0′ − =  และ f ( 1) 6′′ − = −   
 จงหา f (a b)+  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. กําหนดให 2x af (x)

x b
−

=
−

 โดยที่ a, b  เปนจํานวนจริงท่ีไมเทากับ 0  ถา f (0) 4′ =  และ  
 f (0) 8′′ = −  จงหา f (0)  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
9. ปลอยวัตถุจากที่สูงลงสูพ้ืนดิน วัตถุเคลื่อนที่ไดระยะทาง 2S 16t=  ในเวลา t  วินาที จงหา 
 9.1 ระยะทางที่วัตถุเคลื่อนที่ไดหลังจากปลอยวัตถุไป 5  วินาที 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 9.2 ความเร็วขณะเวลา t 3=  วินาที 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 9.3 ความเร็วขณะเวลา t  ใด ๆ 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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 9.4 ความเรงขณะเวลา t 10=  วินาที 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
10. วัตถุช้ินหนึ่งมีสมการเคลื่อนที่ 3 2S t 5t 7t 3= − + −  เม่ือ S  เปนระยะทางมีหนวยเปนเมตร และ 
 t  เปนเวลามีหนวยเปนวินาที ขณะที่วัตถุมีความเรงเทากับ 2  เมตร/วินาที2 จงหา 
 10.1 ระยะทางที่วัตถุเคลื่อนที่ได 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 10.2 ความเร็วของวัตถุ 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
11. อนุภาคหนึ่งเคลื่อนที่เปนสมการ 

2t 4tS
2 t 1

= +
+

 เม่ือ S  เปนระยะทางมีหนวยเปนเมตร และ 
 t  เปนเวลามีหนวยเปนวินาที จงหาความเร็วของอนุภาคขณะที่อนุภาคมีความเรงเปนศูนย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 14 
1. จงหา dy

dx
 ในแตละขอตอไปนี ้

 1.1 2 2x y 3x 2 0+ − + =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 2 2x 2xy y 4+ + =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.3 4 2 3x 3xy y 27 0+ − − =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.4 3 3x y 2xy+ =  ที่จุด (1,1)  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.5 3 3 22x x y y 4− + =  ที่จุด (0, 2)  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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2. จงหา 
2

2

d y
dx

 ในแตละขอตอไปนี ้
 2.1 2 2x y 0+ =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.2 2 3y x=   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.3 2 2x y 4=   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.4 2 2xy y 4 0+ − =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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แบบฝกหดัที่ 15 
1. จงพิจารณากราฟในแตละขอตอไปนี้วาเปนฟงกชันเพิ่มหรือฟงกชันลด 
 1.1  1.2  
 
 
 
 
  ตอบ...................................................  ตอบ.................................................. 
 
 1.3  1.4  
 
 
 
 
  เม่ือ x 0<  ตอบ...........................  เม่ือ 0 x 6< <  ตอบ...................... 
  เม่ือ x 0>  ตอบ...........................  เม่ือ x R∈  ตอบ...................... 
 
2. จงพิจารณาวาฟงกชันที่กําหนดใหเปนฟงกชันเพิ่มและฟงกชันลดในชวงใด 
 2.1 2y 2x 3x 6= − +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.2 2y 4 5x x= + −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.3 3 2y x 3x 3x 2= + + −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 

0
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 2.4 3 2y 2x 3x 12x 5= + − +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.5 2 4y 2x x= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.6 

5
2y x 5 x= −   

  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.7 2y 4 x= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.8 2y x 6= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.9 y x x 1= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.10 x 2y ; x 3

x 3
+

= ≠
−

  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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แบบฝกหดัที่ 16 
1. จากรูปที่กําหนดให 

 
 
 1.1 จุดใดบางที่ใหคาสูงสุดสัมพัทธ ในชวง ( 8, 9)−   
  ตอบ................................................................................................................................ 
 1.2 จุดใดใหคาสูงสุดสัมพัทธ ในชวง ( 8, 0)−   
  ตอบ................................................................................................................................ 
 1.3 จุดใดใหคาสูงสุดสัมพัทธ ในชวง (0, 8)   
  ตอบ................................................................................................................................ 
 1.4 จุดใดบางที่ใหคาต่ําสุดสัมพัทธ ในชวง ( 8, 9)−   
  ตอบ................................................................................................................................ 
 1.5 จุดใดใหคาต่ําสุดสัมพัทธ ในชวง ( 5, 5)−   
  ตอบ................................................................................................................................ 
 1.6 จุดใดใหคาสูงสุดสัมบูรณ ในชวง [ 8, 9]−   
  ตอบ................................................................................................................................ 
 1.7 จุดใดใหคาต่ําสุดสัมบูรณ ในชวง [ 8, 9]−   
  ตอบ................................................................................................................................ 
 1.8 จุดใดใหคาสูงสุดสัมบูรณ ในชวง [ 8, 7]−   
  ตอบ................................................................................................................................ 
 
2. จงหาคาสูงสุดสัมพัทธหรือต่ําสุดสัมพัทธของฟงกชันตอไปนี ้
 2.1 2f (x) 3x 4x 2= + −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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 2.2 3 2f (x) 4x 3x= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.3 3 2f (x) 2x 3x 12x 12= − − −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.4 4 3 2f (x) 3x 4x 12x= − −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.5 7 6f (x) x 7x= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.6 2 2f (x) (x 1)= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.7 f (x) x x= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.8 2

x 2f (x)
x 2x 4

+
=

+ +
 

  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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แบบฝกหดัที่ 17 
1. ผลบวกของเลขจํานวนหนึ่งกับสามเทาของเลขอีกจํานวนหนึ่งเทากับ 60  จงหาวาผลคณูของเลข 
 สองจํานวนนีมี้คามากที่สุดเปนเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
2. จงหาความยาวของเสนรอบรูปที่มีคานอยที่สุดของรูปสี่เหลี่ยมผืนผา ที่มีพ้ืนที่ 25  ตารางหนวย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
3. จากรูปสามเหลี่ยมมุมฉากที่มีดานตรงขามมุมฉากยาว 10 นิ้ว จะมีเสนรอบรูปยาวที่สุดเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
4. ดานทั้งสามของรูปสี่เหลี่ยมคางหมูยาว 6 เซนติเมตรเทากัน ดังนั้นดานที่เหลือจะยาวกี่เซนติเมตร  
 จึงจะทําใหรูปสี่เหลี่ยมนี้มีพ้ืนที่มากที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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5. ชาวสวนมีพ้ืนที่สวนเปนรูปสี่เหลี่ยมผืนผาอยูติดกับชาวสวนอีกผูหนึ่ง สวนของชาวสวนผูนี้มีพ้ืนที่  
 432  ตารางวา ถาเพื่อนชาวสวนจะจายคาทํารัว้ดานที่ติดกันใหแกชาวสวนครึ่งหนึ่ง อยากทราบวา 
 ชาวสวนจะเลอืกทําสวนที่มีขนาดเทาไรจงึจะทําใหชาวสวนผูนี้เสียคาทํารั้วนอยที่สดุ 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
6. ชายคนหนึ่งมีไมระแนงสําหรับทํารั้วไดยาว 80  เมตร เขาตองการลอมบริเวณรูปสี่เหลี่ยมผืนผา 
 พรอมทั้งก้ันเปนสี่ชองเทา ๆ กัน ดังรูป พ้ืนที่มากที่สุดที่เขาจะลอมไดเปนเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 
7. รูปสามเหลี่ยมมุมฉากรูปหนึ่งมีความยาวดานทั้งสามเปน 90,120,150  หนวย จงหาความกวางและ 
 ความยาวของรูปสี่เหลี่ยมผืนผาที่มีพ้ืนที่มากที่สุดที่บรรจุในรูปสามเหลี่ยมมุมฉากนี้ 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. รูปสี่เหลี่ยมผืนผารูปหนึ่งบรรจุในครึ่งวงกลม รัศมี r  หนวย ถารูปสี่เหลี่ยมผืนผามีพ้ืนที่มากที่สุดจะ 
 มีดานยาวยาวกี่หนวย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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9. รูปสี่เหลี่ยมมุมฉากบรรจุในกราฟพาราโบลา 2y 12x=  โดยมีดานดานหนึ่งอยูบนเสนตรง x 4=   
 จะมีพ้ืนที่มากท่ีสุดเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
10. จงหาสวนสูงของกรวยกลมที่มีปริมาตรมากที่สุดที่สามารถบรรจุลงในทรงกลมที่มีรัศมี r  หนวย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
11. จงหาความสูงของทรงกระบอกที่มีปริมาตรมากที่สุดที่สามารถบรรจุลงในกรวยกลม 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
12. ตองการทํากลองฝาเปดดานบนใหมีปริมาตรมากที่สุดดวยแผนสังกะสีรูปสี่เหลี่ยมจัตุรัสซึ่งมีดานยาว  
 a  หนวย โดยตัดเนื้อสังกะสีที่มุมออกเปนรูปสี่เหลี่ยมจัตุรัสขนาดเทากนั แลวจึงงอสังกะสีข้ึน เพื่อ 
 ทําเปนดานขางของกลอง อยากทราบวา จะตองตัดสังกะสีที่มุมเปนรูปสี่เหลี่ยมจัตุรัสที่มีความยาว 
 ของดานยาวกีห่นวย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 



[49] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

13. ผูผลิตวิทยุขายวิทยุได x  เครื่องตอสัปดาห ถาขายวิทยุเครื่องละ p  บาท และกําหนดให  
 5x 375 3p= −  ถาทุนในการผลิตคือ 21500 13x x

2
+ +  บาท จงหาวาผูผลิตควรจะผลิตวิทยุสัปดาห 

 ละก่ีเครื่องจึงจะไดกําไรมากที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
14. พอคาซื้อขาวสารมาถังละ 50  บาท ถาเขาขายถังละ 80  บาท ใน 1 เดือนจะขายได 1,000  ถัง  
 แตถาเขาลดราคาลงถังละ x  บาท เขาจะขายขาวสารไดเพิ่มข้ึนอีกเดือนละ 50x  ถัง ดังนั้นเขาจะ 
 ไดกําไรมากทีสุ่ด จากจํานวนที่ขายไดใน 1 เดือน เม่ือเขาตั้งราคาขายขาวถังละเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
15. พอคาคนหนึ่งทราบวา ถาเขาตั้งราคาสินคาอยางหนึ่งช้ินละ 20  บาท ในหนึ่งสัปดาหเขาจะขาย 
 สินคาได 1,000  ช้ิน ถาเขาลดราคาชิ้นละ 1 บาท เขาจะขายสินคาไดเพิ่มอีก 100  ช้ิน เปน 1,100  
 ช้ิน ถาเขาลดราคาลงชิ้นละ 2  บาท จะขายสินคาไดเพิ่มอีก 200  ช้ิน เปน 1,200  ช้ิน ถาเปนเชนนี้ 
 ไปเรื่อย ๆ เขาควรจะตั้งราคาสินคาเทาไรจึงจะไดเงินจากการขายมากที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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16. การผลิตสินคาช้ินหนึ่งของบริษัทแหงหนึ่ง เสียคาใชจายหนวยละ 4000.2x 4
x

+ +  บาท รัฐบาลเกบ็ 
 ภาษีอีกหนวยละ 22  บาท บริษัทขายหนวยละ 400 2x−  บาท โดยที่ x  หมายถึง จํานวนหนวยที่ 
 ผลิตตอเดือน ถาจะใหไดกําไรตอเดือนมากที่สุด บริษัทจะตองผลิตสินคาเปนจํานวนเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
17. กําหนดใหรถขนสงสินคาชนิดหนึ่งมีการเผาไหมของน้ํามันเปน 1 1,600 x

400 x
⎛ ⎞+⎜ ⎟
⎝ ⎠

 ลิตรตอกิโลเมตร  

 เม่ือ x  เปนอัตราเร็ว มีหนวยเปนกิโลเมตรตอช่ัวโมง ถาตองการขับรถเปนระยะทาง 600  กิโลเมตร  
 โดยจายคาน้ํามันนอยที่สุดจะตองขับรถดวยอัตราเร็วเทาไร 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
18. ในการประมาณการของการปลูกมันสําปะหลัง พบวาถาขุดมันสําปะหลังขณะนี้จะไดผลผลิต 100   
 กิโลกรัม และขายไดกิโลกรัมละ 2.00  บาท แตถายังไมขุดและรอตอไปจะไดผลผลิตมันสําปะหลัง 
 เพิ่มข้ึนสัปดาหละ 10  กิโลกรัม แตราคาขายจะลดลงไปสปัดาหละ 0.10  บาทตอกิโลกรัม ดังนั้น 
 ควรขายมันสาํปะหลังเม่ือใดจึงจะไดเงินมากที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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19. ถาถือวาความแข็งของเสาเหลี่ยม (มีหนาตัดเปนรูปสี่เหลี่ยมผืนผา) แปรผันโดยตรงกับความกวาง 
 และความหนาของเสา จงหาวา เสาจะตองมีขนาดเปนเทาไร จึงจะทําใหเสามีความแข็งแรงที่สุด  
 เม่ือตองการจะเลื่อยเปดปกจากตนซึงกลมท่ีมีเสนผานศูนยกลางยาว d  หนวย 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
20. จงหาจุดบนเสนโคง 22y x=  ที่ใกลจุด (4,1)  มากที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
21. กําหนดให a, b  และ c  เปนจํานวนจริงใด ๆ จงหาคาของ x  ที่ทําให  
 2 2 2(a x) (b x) (c x)− + − + −  มีคานอยที่สุด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
22. หลอดไฟแขวนอยูเหนือทางเดินสูง 12  ฟุต เด็กชายคนหนึ่งสูง 5  ฟุต เดินไปตามทางเดินนั้น  
 จงหาวา เงาของเด็กยาวออกดวยอัตราเร็วเทาไร ถาหากเขาเดินหนีจากดวงไฟดวยอัตราเร็ว 168   
 ฟุตตอวินาที 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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23. บันไดยาว 25  ฟุต วางพิงกําแพงปลายดานลางของบันไดถูกผลักหางออกไปจากกําแพงในอัตราเร็ว  
 6  ฟุตตอนาที สวนบนของบนัไดจะเคลื่อนที่ต่ําลงมาในอตัราเร็วเทาใด ในขณะที่ปลายลางอยูหาง 
 จากกําแพง 7  ฟุต 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
24. เด็กคนหนึ่งกําลังเลนวาวซึง่สูงจากพื้น ถาลมพัดเอาวาวออกไปจากเด็กคนนั้นในแนวราบดวย 
 อัตราเร็ว 25  ฟุตตอวินาที เดก็คนนั้นจะตองปลอยสายปานดวยอัตราเรว็เทาไรเมื่อวาวอยูหางจาก 
 เขา 500  ฟุต 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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แบบฝกหดัที่ 18 
1. จงหาปฏิยานพัุนธของฟงกชันที่กําหนดใหตอไปนี ้
 1.1 f (x) 5=   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 f (x) 3x=   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.3 2f (x) 8x=   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.4 4 3 2f (x) 3x 5x 2x x 3= − + + −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.5 3

1f (x) x x
x

= +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
2. จงหา F(x)  เม่ือกําหนด F (x)′  ใหดังตอไปนี ้
 2.1 F (x) 3′ =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.2 3F (x) 4x′ =   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.3 5 3 2F (x) 7x 3x x 3′ = + − +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.4 3 2

1 2F (x)
x x

′ = +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.5 3 2F (x) x x x′ = +   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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แบบฝกหดัที่ 19 
1. จงหาคาในแตละขอตอไปนี ้
 1.1 3dx∫   = …………........................................................................................... 
 1.2 xdx∫   = …………........................................................................................... 
 1.3 3x dx∫   = …………........................................................................................... 
 1.4 53x dx∫   = …………........................................................................................... 
 1.5 4

1 dx
x∫

  = …………........................................................................................... 

 1.6 2

3 dx
x

−∫   = …………........................................................................................... 
 1.7 xdx∫   = …………........................................................................................... 
 1.8 dx

x∫   = …………........................................................................................... 

 1.9 2(3x x 2)dx+ −∫   = .................................................................................... 
 1.10 3 2(5x 4x 4x 1)dx− + +∫   = .................................................................................... 

 1.11 
25
52(2x x )dx+∫  1.12 3 4(4x x 1)dx− −− +∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.13 

4 2

4

x 6x 7 dx
x

⎛ ⎞+ −
⎜ ⎟
⎝ ⎠
∫  1.14 1x dx

x
⎛ ⎞+⎜ ⎟
⎝ ⎠
∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.15 

25x 3x 2 dx
x

⎛ ⎞− +
⎜ ⎟
⎝ ⎠
∫  1.16 2x (3x 4)dx+∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.17 (x 2)(x 5)dx− −∫  1.18 2 3y (6y 4y 8)dy− +∫  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.19 2(5t 2t 9)dt+ −∫  1.20 10(4x 5) dx+∫  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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 1.21 12(1 3x) dx−∫  1.22 4

1 dx
(x 3)+∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.23 2 6x(x 5) dx+∫  1.24 24x 1 2x dx−∫  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.25 2 3x x 1dx−∫  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
2. จากเงื่อนไขที่กําหนดให จงหา f (x)  
 2.1 2f (x) 3x′ =  และ f (0) 1=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 2.2 2f (x) 3x 4′ = −  และ f (2) 1=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
3. จงหาสมการเสนโคงเม่ือกําหนดความชันของเสนโคงเทากับ 2x 6+  และเสนโคงผานจุด (1, 8)  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
4. จงหาสมการเสนโคงที่มีความชันเทากับ 22x 3x 4− +  เม่ือเสนโคงนี้ตัดแกน X  ที่จุด ( 2, 0)−  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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5. ถาอัตราการเปลี่ยนแปลงของความชันของเสนโคง y f (x)=  ณ จุด (x, y)  ใด ๆ เปน 2x 6−   
 และความชันของเสนโคงนี้ที่จุด (0, 6)−  เทากับ 8  แลว f (2)  มีคาเทาใด 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
6. เสนโคงมีความชัน 22x 3x 1+ −  และเสนโคงนี้ตัดแกน X  ที่จุด ( 1, 0)−  ถาเสนโคงนี้ตัดกบัเสนตรง  
 11x y 0

6
+ + =  ที่จุด (a, b)  จงหา a b+  ที่มีคามากที่สุด 

 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
7. เสนโคงเสนหนึ่งผานจุด (2, a)  และ (3, 2)  ถาความชันของเสนสัมผัสเสนโคงนี้ที่จุด (x, y)  ใด ๆ  
 เปน 2x 2−  แลวจงหาคา a  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
8. ถาเสนโคง y f (x)=  มีอนุพันธอันดับที่สองเทากับ 6x 10−  จงหาสมการเสนโคงท่ีมีความชันของ 
 เสนโคงนี้ที่จุด (1,1)  มีคาเทากับ 1−  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
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9. เสนโคงเสนหนึ่งมีอัตราการเปลี่ยนแปลงของความชันที่จุดใด ๆ บนเสนโคงเทากับ 6x 8+  ถาเสน 
 สัมผัสเสนโคงนี้ตั้งฉากกับเสนตรง x 6y 12 0+ + =  ที่จุด (1, 2)  จงหา 
 9.1 ความชันของเสนโคง ณ จุดที่เสนโคงนี้ตัดกับแกน Y  
 9.2 จุดที่เสนโคงนี้ตัดกับเสนตรง x 1 0+ =  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
10. กลิ้งลูกบอลไปตามพื้นราบดวยความเร็วตน 20  เมตร/วินาที เนื่องจากพื้นมีแรงเสียดทาน จึงทําให 
 ลูกบอลมีความเร็วลดลง 5  เมตร/วินาที2 จงหาระยะทางที่ลูกบอลเคลื่อนที่ไปจนหยุดนิ่ง 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
11. วัตถุช้ินหนึ่งเคลื่อนที่ตามแนวตรงจากจุดหยุดนิ่งดวยความเรง 4t 2+  เมตร/วินาที2 จงหา 
 11.1 ความเร็วของวัตถุเม่ือ t 2=  วินาที 
 11.2 ระยะทางที่วัตถุเคลื่อนที่ไดเม่ือ t 9=  วินาที 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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แบบฝกหดัที่ 20 
1. จงหาคาในแตละขอตอไปนี ้
 1.1 1

1
xdx

−∫  1.2 3

1
5xdx∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.3 2 2

0
(x 3x 2)dx− +∫  1.4 3

31

4 dx
x

−∫  
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.5 1

0

1x dx
x

− ⎛ ⎞−⎜ ⎟
⎝ ⎠

∫  1.6 2 2
1

x(x 3)dx−∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.7 0

41

1 dx
(x 3)− +∫  1.8 5 2

3
x (4x 3)dx−∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 1.9 3 6

1
(1 x) dx−∫  1.10 2 2 5

0
x(x 1) dx−∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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2. จงใชสมบัติของอินทิกรัลตรวจสอบวาขอความตอไปนีจ้ริงหรือเท็จ 
 ............... 2.1 8 3 83 3 3

1 1 3
(x 2)dx (x 2)dx (x 2)dx+ = + + +∫ ∫ ∫  

 ............... 2.2 3

3
(5x 2)dx 0+ =∫  

 ............... 2.3 2 2

2 2
5(4x 3)dx 5 (4x 3)dx 0− = − =∫ ∫  

 ............... 2.4 5 02 2
0 5

4x dx 4 x dx= −∫ ∫  

 ............... 2.5 10

1
3dx 30=∫  

 ............... 2.6 5 5 5 52 2
2 2 2 2
(3x x 4)dx 3x dx xdx 4dx+ − = + −∫ ∫ ∫ ∫  

 ............... 2.7 2 1 3
31 2

1 dx x dx
x

= −∫ ∫  

 ............... 2.8 3 3 3

2 2 2
x xdx xdx xdx= ⋅∫ ∫ ∫  

 ............... 2.9 3 3 3 32 2
2 2 2 2
(x 1) dx x dx 2xdx 1dx− = − +∫ ∫ ∫ ∫  

 ............... 2.10 2 5 22 2 2
1 1 5

x dx x dx x dx= +∫ ∫ ∫  

 
3. กําหนดให 3 4 5

0 0 4
f (x)dx 8, f (x)dx 5, f (x)dx 2= = =∫ ∫ ∫  จงหา 

 3.1 5

0
f (x)dx∫  3.2 4

3
f (x)dx∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 3.3 5

3
f (x)dx∫  3.4 0

3
f (x)dx∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
 3.5 0

4
f (x)dx∫  3.6 3

5
f (x)dx∫  

  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
  ..........................................................  ......................................................... 
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แบบฝกหดัที่ 21 
1. จงหาพื้นที่ที่ปดลอมดวยเสนโคงตอไปนี้กับแกน X  
 1.1 2y x 4x 5= − +  จาก x 1= −  ถึง x 2=  

 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.2 2y 1 x= −  จาก x 2=  ถึง x 5=  

 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 
 
 
 
 
 
 

Y

X5
0

2

Y

X
201−



[61] 
 

 

ท่ีมา : แบบฝกหัดและประเมินผลการเรียนรูคณิตศาสตรเพิ่มเติม ม.6 เลม 2 : กนกวลี อุษณกรกุลและรณชัย มาเจริญทรัพย 

แบบฝกหัดแคลคูลสัเบือ้งตน 
เสถียร  วิเชียรสาร 

http://www.blwsc.ac.th/iMath 

 1.3 2y x 3x 2= − +  จาก x 0=  ถึง x 5=  

 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.4 2y x 2x= −  จาก x 1= −  ถึง x 4=  

 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.5 2y 3x 2= +  จาก x 0=  ถึง x 2=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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 1.6 2y x 7x 6= + +  จาก x 3= −  ถึง x 2= −  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.7 2y x x= −  จาก x 0=  ถึง x 1=  
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.8 2y 3 2x x= − −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.9 y x(x 2)(x 3)= − −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
 1.10 3y x 4x= −   
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
  ....................................................................................................................................... 
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2. จงหาพื้นที่ปดลอมดวยเสนโคง 2y x 2x 1= + +  และ y 2x 5= +  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
3. จงหาพื้นที่ปดลอมดวยเสนโคง 3y x=  และ y 4x=  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
4. จงหาพื้นที่ปดลอมดวยเสนโคง 2y x 4x 3= − +  และ 2y x 2x 3= − + +  
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 ................................................................................................................................................... 
 


